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Many people are talking about inequality.

Many people are studying inequality and its consequences on various
outcomes, including economic growth and the crisis.

But what is inequality?

Is it really this inequality we are interested in?

In this lecture we will discuss about the above issues.
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Following Andrew’s presentation we can think of inequality in a:

1) normative way (Oh, there is too much inequality)

2) comparative way (Oh, there are so many people richer than me; or
we are the 99%)

and measure the effects of inequality on individual behaviour.

Depending on our interests we should (or not) use the Gini coefficient.

Inequality is not only the Gini coefficient. Gini measures one particular
type of inequality.

Notation

Income distribution:
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Notation

Notation

Functioning failures distribution:
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Inequality Measures

Definition
An inequality measure is a function  I from D to R  which, 

for each distribution x in D indicates the level I(x) of 
inequality in the distribution.

Four Basic Properties

Definition
We say that x is obtained from y by a permutation of 

incomes if x = Py, where P is a permutation matrix.

Ex

Symmetry (Anonymity)
If x is obtained from y by a permutation of incomes, 

then I(x)=I(y).

All differences across people have been accounted for 
in x
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Def
We say that x is obtained from y by a replication if 

the incomes in x are simply the incomes in y 
repeated a finite number of times

Ex 

Replication Invariance (Population Principle)
If x is obtained from y by a replication, then I(x)=I(y).

Can compare across different sized populations

x  (y1, y1, y2, y2,......, yn, yn )

x  (6,6,6,1,1,1,8,8,8)

Def
We say that x is obtained from y by a proportional 

change if x=αy, for some α > 0.

Ex 

Scale Invariance (Zero-Degree Homogeneity)
If x is obtained from y by a proportional change, then 

I(x)=I(y).

Relative inequality

y  (6,1,8) x  (12,2,16)
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Def
We say that x is obtained from y by a (Pigou-Dalton) 

regressive transfer if for some i, j:
i)  yi < yj
ii) yi – xi = xj – yj > 0
iii) xk = yk for all k different to i,j

Ex

Transfer Principle
If x is obtained from y by a regressive transfer, then 

I(x) > I(y).

y  (2,6, 7) x  (1,6,8)

The Lorenz Curve and the Four Axioms
Symmetry and Replication 

invariance satisfied since 
permutations and replications 
leave the curve unchanged.

Proportional changes in incomes 
do not affect the LC, since it 
is normalized by the mean 
income. Only shares matter. 
So it is scale invariant.

A regressive transfer will move 
the Lorenz curve further away 
from the diagonal. So it 
satisfies transfer principle.

Lorenz Curves for Two 
Distributions
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Lorenz Consistency 
Def 

An inequality measure I: D→R is Lorenz consistent 
whenever the following hold for any x and y in D: 

(i) if x Lorenz dominates y, then I(x) < I(y), and 
(ii) if x has the same Lorenz curve as y, then I(x) = I(y).

Theorem
An inequality measure I(x) is Lorenz consistent if and 
only if it satisfies symmetry, replication invariance, 
scale invariance and the transfer principle.

Note
If Lorenz curves don’t cross, then all relative 

measures follow the Lorenz curve.

If Lorenz curves cross, then some relative 
measure of inequality might be used to make 
the comparison. But the judgment may depend 
on the chosen measure.
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The Gini coefficient is Lorenz consistent.

When you use the Gini coefficient this is the type of 
inequality you are thinking of.

Thinking about inequality

Amiel and Cowell, 1999, CUP
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Inequality and proportionate and absolute 
income differences (% responses) (N=1108)

Numerical problems Verbal questions

Add 5 
units

Add 5 
units

Do
wn Up

Sa
me

Do
wn Up

Sa
me

Down 8 2 5 Down 7 1 4

Double 
income Up 15 3 17

Double 
income Up 21 2 17

Same 37 5 9 Same 30 3 14
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The effect on inequality of cloning the 
distributions (% responses) (N=1108)

Numerical Verbal

Down 31 22

Up 10 9

Same 58 66

The transfer principle (% responses) (N=1108)

Numerical Verbal

Agree 35 60

Strongly disagree 42 24

Disagree 22 14

Agree=A is more unequal than B
Strongly Disagree=B is more unequal 

than A
Disagree=A and B have the same 

inequality
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What happens when we depart 
from scale invariance?

GLOBAL WORLD INEQUALITY: 
ABSOLUTE, RELATIVE OR INTERMEDIATE?

Anthony B. Atkinson
and

Andrea Brandolini 
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Aim

This paper examines how the conclusions
on the evolution of world income inequality
might be affected by abandoning the
relative inequality criterion.

In particular:

• examine methodological issues and discuss
classes of measures that combine the relative
and absolute criterion.

• present the results from applying these different
measures to the distribution of income in the
world.
– first discuss international inequality;
– then give illustrative results on global inequality.
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In particular:

• examine methodological issues and discuss
classes of measures that combine the relative
and absolute criterion.

• present the results from applying these different
measures to the distribution of income in the
world.
– first discuss international inequality;
– then give illustrative results on global inequality.

“global” differs from “international” in that
within-country inequality is accounted for.

Question:

How shall we distribute/take a given sum of
money within/from the population so that income
inequality remains unchanged?
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The answer social scientists generally give is:

“income inequality remains unchanged when all
incomes are increased/decreased by the same

proportion”.

They believe in scale invariance.

Inequality indices, I, are relative.

The answer social scientists generally give is:

“income inequality remains unchanged when all
incomes are increased/decreased by the same

proportion”.

They believe in scale invariance.

Inequality indices, I, are relative.

I(10, 20, 30) = I(5, 10, 15) = I(20, 40, 60)

I(x) = I(cx) for all c>0, homogeneity of degree zero.
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Are social scientists correct?

It depends.

Other answers can be given to the same
question.

Alternatives:

“Income inequality remains unchanged when all
incomes are increased/decreased by the same

absolute amount”.

They believe in translation invariance.

Inequality indices, I, used are absolute.
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Alternatives:

“Income inequality remains unchanged when all
incomes are increased/decreased by the same

absolute amount”.

They believe in translation invariance.

Inequality indices, I, used are absolute.

I(10, 20, 30) = I(0, 10, 20) = I(15, 25, 35)

I(x) = I(x+t1n) for all t>0.

Alternatives:

“Income inequality remains unchanged when
some kind of combination between an equal-
proportion and an equal absolute amount
increase/decrease of all incomes is performed”.
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They take a middle stand and believe that an
equal-proportion distribution increases
inequality, while an equal-absolute amount
distribution decreases inequality (“compromise
property”).

Inequality indices, I, used are intermediate.

The invariance condition of Bossert and Pfingsten (1990)
is:

I(x) = I(a[x+ξ1n]-ξ1n) for all a>1, where ξ>0 is a
parameter indicating the inequality concept, value
judgment parameter.

similar to Kolm’s (1976) invariance condition

sI(x) = I(s[x+m1n]-m1n]) for all s>0, where m>0 is a
parameter indicating the inequality concept, value
judgment parameter.
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What is ξ of Bossert and Pfingsten?

ξ is a parameter indicating the inequality concept, value judgment
parameter, absolute value of origin of rays.

ISO-INEQUALITY CONTOURS FOR DIFFERENT INDEPENDENCE CRITERIA 
 

 Relative Absolute Intermediate 

 

ξ=0 ξ=∞ ξ>0

x2

x1

There is no single correct answer to the
distribution/taxation question posted above, the
aforementioned views reflect value judgment in
measuring income inequality.

In order to obtain reasonable inequality
rankings, it may be desirable for different views
of value judgment to be consulted in assessing
income inequality.

Caveat: the inequality value of a population
remains unchanged when incomes are
measured in different currency units only for
relative measures.
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Results

Relative indices: the mean logarithmic
deviation, the Gini index and the Theil index.

Absolute indices: absolute Gini index and the
Kolm index for different values of its parameter.

Intermediate indices: Kolm, and Bossert and
Pfingsten for different values of its parameters.

International income inequality

It examines the “international” rather than the “global”
distribution of income since they study differences
across countries in per capita GDP weighing each
observation by the country’s population, but making
no allowance for the distribution of income within the
country.

Use real per capita GDP and population size for all
countries and years in the period 1970-2000 for which
both variables are available from the Penn World Table,
Version 6.1 (Heston, Summers and Aten, 2002).

Use real incomes expressed in U.S. constant dollars.
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Full sample comprises 152 countries, but not all
countries have a continuous run of data from 1970 to
2000: there are 30 or 31 observations for 106 countries,
between 21 and 29 for another 27, and 15 or less for
the remaining 29.

To avoid that measured trends reflect changes in
country coverage, they concentrate on the sub-sample
composed of the 106 countries with 30 or 31
observations.

It includes 27 of the 30 countries which are currently
member of the OECD (the Czech Republic, Poland and
the Slovak Republic being those excluded), and all the
most populous nations but for Russia and Vietnam
(i.e. China, India, Indonesia, Brazil, Pakistan, Nigeria,
Philippines, Thailand, Iran, Egypt, Ethiopia).

INTERNATIONAL INCOME INEQUALITY, 1970-2000: 
RELATIVE AND ABSOLUTE INDICES 

(Indices: 1970=100) 
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INTERNATIONAL INCOME INEQUALITY, 1970-2000: 
RELATIVE AND ABSOLUTE INDICES 

(Indices: 1970=100) 
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The three relative indices show a basic
stability until 1980 and then a declining
trend in the next 20 years.

INTERNATIONAL INCOME INEQUALITY, 1970-2000: 
RELATIVE AND ABSOLUTE INDICES 

(Indices: 1970=100) 
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On the contrary, all absolute measures
exhibit a strong tendency to rise, which
has strengthened after 1982.
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INTERNATIONAL INCOME INEQUALITY, 1970-2000: 
RELATIVE AND ABSOLUTE INDICES 

(Indices: 1970=100) 

75

100

125

150

175

200

225

250

1970 1975 1980 1985 1990 1995 2000

Kolm index (0.3)
Kolm index (1.0)
Kolm index (1.5)
Kolm index (3.0)
Absolute Gini index
Gini index
Theil index
Mean logarithmic deviation

 

The rising tendency is even sharper for
the lower values of , which suggests that
the process is highly influenced by the
dynamics of the richest countries.

INTERNATIONAL INCOME INEQUALITY, 1970-2000:  
KOLM’S CENTRIST INDEX 

(Indices: 1970=100) 
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INTERNATIONAL INCOME INEQUALITY, 1970-2000:  
BOSSERT-PFINGSTEN’S INTERMEDIATE INDEX 

(Indices: 1970=100) 
 

  = 365 (dollars)  = 730 (dollars) 

80

90

100

110

120

1970 1975 1980 1985 1990 1995 2000

80

90

100

110

120

1970 1975 1980 1985 1990 1995 2000
 

  = 0.2 = 1,176 (dollars)  =  = 5,881 (dollars) 

80

90

100

110

120

1970 1975 1980 1985 1990 1995 2000

100

120

140

160

180

200

1970 1975 1980 1985 1990 1995 2000
 

  = 0.2() (dollars)  = 0.5() (dollars) 

100

120

140

160

180

1970 1975 1980 1985 1990 1995 2000

100

120

140

160

180

1970 1975 1980 1985 1990 1995 2000
 

  = () (dollars)  = 2() (dollars) 

100

120

140

160

180

1970 1975 1980 1985 1990 1995 2000

100

120

140

160

180

1970 1975 1980 1985 1990 1995 2000
 

   
 



24

INTERNATIONAL INCOME INEQUALITY, 1970-2000:  
KOLM’S CENTRIST INDEX 

(Indices: 1970=100) 
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INTERNATIONAL INCOME INEQUALITY, 1970-2000:  
BOSSERT-PFINGSTEN’S INTERMEDIATE INDEX 

(Indices: 1970=100) 
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Kolm’s centrist measure basically
confirms the pattern shown by Kolm’s
absolute measure: international income
inequality has been rising for most of the
period from 1970 to 2000; it fell slightly
only in 1975, in the early 1980s, and in
the early 1990s.

INTERNATIONAL INCOME INEQUALITY, 1970-2000:  
KOLM’S CENTRIST INDEX 

(Indices: 1970=100) 
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INTERNATIONAL INCOME INEQUALITY, 1970-2000:  
BOSSERT-PFINGSTEN’S INTERMEDIATE INDEX 

(Indices: 1970=100) 
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These long-run tendencies are common to
all specifications of the index. Movements
over shorter periods, however, may differ
across alternative combinations of the
parameters .
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Global income inequality

A-B try to bring in within-country inequality.

The data for the world distribution of income are those
constructed by Bourguignon and Morrisson (2002).

Their method is to use evidence on the national distribution
(or the distribution for a grouping of countries) about the
income shares of decile groups, and the top 5 per cent.
The groups are treated as homogeneous, which means that
the degree of overall inequality is under-stated, but their
data provide a valuable starting point.

The distributional data are then combined with estimates of
national GDP per head, expressed in constant purchasing
power parity dollars (at 1990 prices), which are in turn
derived from the historical time series constructed by
Maddison (1995).

GLOBAL INCOME INEQUALITY, 1820-1992 
(Indices: 1970=100) 
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GLOBAL INCOME INEQUALITY, 1820-1992 
(Indices: 1970=100) 
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The Gini index and the logarithmic mean deviation indicate a steady
and considerable rise of inequality from 1820 to 1950 and a much
more moderate increase after 1950.

GLOBAL INCOME INEQUALITY, 1820-1992 
(Indices: 1970=100) 
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The Gini index and the logarithmic mean deviation indicate a steady
and considerable rise of inequality from 1820 to 1950 and a much
more moderate increase after 1950.

The rise of the Theil index is
sharper during the 19th
century, but it basically
terminates by 1910.
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Absolute inequality indices 
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Absolute inequality indices 
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Inequality rose continuously over the entire period, at a
faster pace between 1950 and 1980.
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Bossert-Pfingsten’s intermediate inequality index 

0

20

40

60

80

100

120

140

1820 1850 1880 1910 1940 1970 2000






 

Bossert-Pfingsten’s intermediate inequality index 
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Inequality rose continuously over the entire
period, at a faster pace between 1950 and
1980. Same with Kolm’s.
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The secular movement of the world income distribution
does not change whether we look at relative or non-
relative measures – inequality has been rising.

The story is somewhat different, however, after the
Second World War: the modest positive slope of
relative inequality is matched by a steep ascent of
absolute and intermediate inequality.

Conclusion: international inequality 

The international distribution of real per capita GDP (i.e.
ignoring within-country disparities) narrowed from 1970
to 2000 if we adopt a relative view of inequality;

it widened considerably if we assume an absolute or an
intermediate conception, regardless of the index
chosen and for most of the values of parameters.

Only the Bossert and Pfingsten’s index for some
combinations of the parameters suggests a fall of
intermediate inequality.
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What happens when we depart 
from Pigou-Dalton?

Probably what influences behaviour of people is not relative 
inequality. There are many more indices that capture 
differences in income. Let us see a few.

You are interested in measuring the 
evolution of the middle class

Do not use a measure of inequality!
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Polarization

Polarization is different from inequality:

It fails to satisfy Pigou-Dalton transfers principle.

Polarization

Polarization is different from inequality:

It fails to satisfy Pigou-Dalton transfers principle.
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Polarization

Polarization is different from inequality:

It fails to satisfy Pigou-Dalton transfers principle.

Polarization

Polarization is different from inequality:

It fails to satisfy Pigou-Dalton transfers principle.
Inequality decreased

Polarization increased
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To measure polarization you can follow
two approaches:

1) Esteban and Ray;

2) Wolfson.

They are different variations of the Gini
coefficient.

Inequality in Gini
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Inequality in Gini

Each individual feels alienated from others
located at different points of the income scale:

if there is more than one individual with the
same income level:

Inequality in Gini

Income inequality, in the whole society, is the
sum of these sentiments of alienation:
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Inequality in Gini

Income inequality, in the whole society, is the
sum of these sentiments of alienation:

Proportional to Absolute Gini

Lorenz Curve
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Polarization: the ER Approach

Each individual feels alienated from others located at
different points of the income scale:

if there is more than one individual with the same income
level:

Polarization: the ER Approach

Each individual identifies with people having the
same income, identification/alienation gives rise
to effective alienation:

Polarization, in the whole society, is the sum of
these sentiments of effective alienation:
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Polarization: the ER Approach

Each individual identifies with people having the
same income, identification/alienation gives rise
to effective alienation:

Polarization, in the whole society, is the sum of
these sentiments of effective alienation:

The Esteban-Ray (absolute) measure
The Duclos-Esteban-Ray measure

Polarization: the Wolfson’s approach

Two characteristics that are regarded as being
intrinsic to the notion of polarization:

1. increasing spread,
2. increasing bipolarity.
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Polarization: the Wolfson’s approach

According to increasing spread, a movement of
incomes from the middle position to the tails of the
income distribution increases polarization.

In other words, as the distribution becomes more
spread out from the middle position, polarization
increases.

Polarization: the Wolfson’s approach

According to increasing spread, a movement of
incomes from the middle position to the tails of the
income distribution increases polarization.

In other words, as the distribution becomes more
spread out from the middle position, polarization
increases.
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Polarization: the Wolfson’s approach

On the other hand, increasing bipolarity means that a
clustering of incomes below or above the median
augment polarization.

Polarization: the Wolfson’s approach

On the other hand, increasing bipolarity means that a
clustering of incomes below or above the median
augment polarization.
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Polarization: the Wolfson’s approach

Polarization: the Wolfson’s approach

Class of indices by Wang and Tsui 
(JPET, 2000)
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Polarization: the Wolfson’s approach

Polarization curve
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Polarization curve

An asymmetry 
in distances 
from the 
median exists 
in all cases.

This 
observation is a 
consequence 
of the longer 
right tail of the 
curves.



43

Polarization: the Wolfson’s approach

This theorem indicates that an unambiguous ranking of
income distribution can be obtained if and only if their
polarization curves do not intersect.

You are interested in understanding
the effects of feeling poorer than
others.

Use a measure of deprivation!
(For a society it can be the Gini coefficient but for

an individual is not. And there are also other
measures of deprivation)
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Deprivation

The definition of relative deprivation adopted is the
following:

“We can roughly say that [a person] is relatively deprived of
X when

(i) he does not have X,
(ii) he sees some other person or persons, which may

include himself at some previous or expected time, as
having X,

(iii) he wants X, and
(iv) he sees it as feasible that he should have X”

(Runciman, 1966, p.10).

Runciman further adds: “The magnitude of relative
deprivation is the extent of the difference between the
desired situation and that of the person desiring it”.
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Runciman further adds: “The magnitude of relative
deprivation is the extent of the difference between the
desired situation and that of the person desiring it”.

One of the key variables in measuring deprivation is the
reference group, that is the group with which a
person compares itself.

Deprivation

Each individual feels deprived only in
comparison with others located at higher points
of the income scale:
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Deprivation

Each individual feels deprived only in
comparison with others located at higher points
of the income scale:

Comparison with others located at lower points of the income 
scale gives rise to “Satisfaction”

Deprivation

Total deprivation felt by an individual is:

Deprivation, in the whole society, is the sum of
these sentiments:
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Deprivation

Total deprivation felt by an individual is:

Deprivation, in the whole society, is the sum of
these sentiments:

The Yitzhaki measure
which is equal to the Absolute Gini

Deprivation curve

Kakwani (1984) introduced the relative deprivation curve.
The area under the deprivation curve is the Gini coefficient,
the index of relative deprivation.
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Deprivation curve

Following Chakravarty, the total relative deprivation felt 
by an individual is:

Ordinate of Lorenz Curve

Deprivation curve
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Deprivation

Deprivation: BDP

Deprivation, in the whole society, is the sum of 
these sentiments:
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What about time?

Does individual well-being depend on the individual’s history?

Does it depend on other individuals’ histories?

Deprivation: Bossert and D’Ambrosio (BD)

BD introduce a one-parameter class of dynamic individual
deprivation measures.

BD modify Yitzhaki’s index to take into account the part of
deprivation generated by an agent’s observation that others in it
reference group move on to a higher level of income than
himself.

The parameter reflects the relative weight given to these
dynamic considerations, and the standard Yitzhaki index is
obtained as a special case.
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BD formalize an additional idea of Runciman that has not been
explored in the literature yet:

“The more the people a man sees promoted when he is not
promoted himself, the more people he may compare himself with
in a situation where the comparison will make him feel relatively
deprived” (Runciman, 1966, p.19).

Relative deprivation of an individual in BD framework
is determined by the interaction of two components:

1. the average gap between the individual’s income
and the incomes of all individuals richer than him
(the traditional way of measuring individual
deprivation);

2. a function of the number of people who were
ranked below or equal in the previous-period
distribution but are above the person under
consideration in the current distribution.

BD use an axiomatic approach to derive classes of
indices that capture these ideas.
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Relative deprivation of an individual in BD framework
is determined by the interaction of two components:

1. the average gap between the individual’s income
and the incomes of all individuals richer than him
(the traditional way of measuring individual
deprivation);

2. a function of the number of people who were
ranked below or equal in the previous-period
distribution but are above the person under
consideration in the current distribution.

BD use an axiomatic approach to derive classes of
indices that capture these ideas.

Functioning failures

Well-being is multidimensional and income
captures only a part of the story.

A simple way to proceed is to generate a
distribution that counts the items individuals do
not have.

Car/TV/Laptop: 0 for those with everything

1 for those missing one

2 for those missing two

3 for those missing everything
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Functioning failures

We construct a deprivation score, qi, for each
population member, i, indicating the degree to
which functionings that are considered relevant
are not available to the agent.

Deprivation: BDP

Each individual feels alienated only in
comparison with others with less functioning
failures.
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Bossert, D’Ambrosio & Peragine (BDP)

Bossert, D’Ambrosio & Peragine (BDP)
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An application of deprivation, 
polarization, inequality

Deprivation in the São Paulo Districts:
Evidence from 2000

C. D’Ambrosio & R. Imanishi Rodrigues

This paper aims at capturing the level of deprivation of
São Paulo’s population in 2000 as suffered by its
inhabitants in a non-income framework.



56

This paper aims at capturing the level of deprivation of
São Paulo’s population in 2000 as suffered by its
inhabitants in a non-income framework.

We construct a measure of functioning failure which
indicates the degree to which functionings that are
considered relevant in the city districts are not available
to the individuals.

This paper aims at capturing the level of deprivation of
São Paulo’s population in 2000 as suffered by its
inhabitants in a non-income framework.

We construct a measure of functioning failure which
indicates the degree to which functionings that are
considered relevant in the city districts are not available
to the individuals.

Deprivation is measured by various indices proposed in
the literature: 1) the Yitzhaki, 2) the Esteban and Ray,
and 3) the Bossert, D’Ambrosio and Peragine indices.
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São Paulo represents a unique case study for deprivation.

The city is the richest city in Brasil in terms of GDP and
shows striking disparities among its inhabitants (10.4
million in 2000) and worrisome indicators of economic
well-being.

Many facts make of São Paulo a unique case study for
deprivation: how does someone living in such a city
relates to others?

One of the key variables in measuring deprivation is the
reference group, that is the group with which a
person compares itself.

We assume that in São Paulo the comparison takes place
at the district level: individuals feel that they belong
to the district where they live and derive within it their
standards of comparison.
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Since we believe that income is not always a good indicator of the
command over resources nor of well-being of an individual, we
follow the suggestion of Bossert, D’Ambrosio and Peragine
(2005) and compute the indices on deprivation scores based
on various functionings.

The aggregate indices
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Variables

From the microdata of the Censo 2000, we consider deprived an
individual with the following characteristics:

In domain i):
1. Lives in a rural area. 
2. Lives in a favela. 
3. Its dwelling is “improvised”.
4. Its dwelling is of the one-room type. 
5. Its dwelling is overcrowded. 
6. Lives in a polluted area. 
7. Lives in a place not served by good urban services.

The individual functioning failure employed is the number, unweighted,
of the above listed variables that the interviewed claimed to have,
or not to have, depending on the variable.

Once we have obtained these scores for all individuals, we compute the
population shares associated to the scores for each district
separately.

In the final step we proceede with the calculation of the indices.
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In São Paulo precariousness is not exclusively a peripheral phenomenon:
some districts in the city center that are well served by urban services and have
no favelas show means relatively high, owing to their proportions of other
kinds of precarious housing units.
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According to the deprivation indices, the most deprived districts based on the means of
the functionings score would be less deprived than those occupying the middle
positions. The three behavioral indices applied to the functionings of domain i) tend to
reduce the importance of deprivation in districts with very high sample mean and very
low population share having full access.
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In the extreme south of the city, Marsilac (52), which is the worst in the ranking
according to the sample mean, jumps to the middle of the orders of ER and down to the
35th position according to BDP; similarly, Parelheiros (55) and Cidade Tiradentes (25)
fall considerably in position.

1

11

21

31

41

51

61

71

81

91

Moema

Pinheiro
s

Jardim
 Pa ulis

ta

Perdize
s

Vi la
 M

aria
na

Ita
im

 B
ibi

San to AmaroLapa

Consolação

Buta
ntã
Saú de

San ta C
ecíl

ia
Mooca

Alto
 de P

inheiro
s

San tana

Cambu ci

Tatuapé

Águ a R
asa

Bela V
ist

a

Tucu
ruvi

Mandaqui

Liberdade

Casa VerdePari

Vi la
 G

uilh
erm

e

Vi la
 M

atild
e

Campo  G
ra

nde
Carrã

o

Vi la
 F

orm
osa

Cursi
no

Socorro

Fre guesia
 do Ó

Pen ha

Repúbl ic
a

Jaguara

São  Luca
s

Belém Sé

Vila
 M

edeiro
s

Vi la
 P

ru dente

Pon te R
asa

Campo  Belo

Vila
 L eopold ina

Brás

Aric
anduva

Artu
r A

lvi
m

Bom
 R

etiro

Cangaiba
Lim

ão

Pirit
uba

Ipira
n ga

Marsila
c

Morumbi

José
 B

onifá
cio

Barra
 F

unda

Raposo Tava
res

São  M
igu el

Jabaquara

São  D
omingos

Cid ade Lider

Ita
qu era

São  M
ateus

Sacomã

Cidade Tira
dente

s

Erm
el in

o M
atara

zz
o

Guaianase
s

Sap opemba

Vi la
 C

uru
çá

Vi la
 M

aria

Ita
im

 Pau lis ta

Vi la
 S

ônia

Jaraguá

Jardim
 Sã o Luís

Lajeado

Cid ade D
utra

Jaça
nã

Campo  Lim
po

Brasilâ
ndia

Rio  Pequen o

Cid ade Ademar

Capão R
edondo

Cachoeirin
ha

Parque  do C
arm

o

Vi la
 Jacuí

Jardim
 Ân gela

Jardim
 H

elena
Perus

Grajaú

Parelheiro
s

Iguate
mi

Ped reira

Jaguaré

Tremembé

São  R
afael

Vi la
 A

ndrade

Anh anguera

Yitzhaki BDP ER



63

1

11

21

31

41

51

61

71

81

91

Moema

Pinheiro
s

Jardim
 Pa ulis

ta

Perdize
s

Vi la
 M

aria
na

Ita
im

 B
ibi

San to AmaroLapa

Consolação

Buta
ntã
Saú de

San ta C
ecíl

ia
Mooca

Alto
 de P

inheiro
s

San tana

Cambu ci

Tatuapé

Águ a R
asa

Bela V
ist

a

Tucu
ruvi

Mandaqui

Liberdade

Casa VerdePari

Vi la
 G

uilh
erm

e

Vi la
 M

atild
e

Campo  G
ra

nde
Carrã

o

Vi la
 F

orm
osa

Cursi
no

Socorro

Fre guesia
 do Ó

Pen ha

Repúbl ic
a

Jaguara

São  Luca
s

Belém Sé

Vila
 M

edeiro
s

Vi la
 P

ru dente

Pon te R
asa

Campo  Belo

Vila
 L eopold ina

Brás

Aric
anduva

Artu
r A

lvi
m

Bom
 R

etiro

Cangaiba
Lim

ão

Pirit
uba

Ipira
n ga

Marsila
c

Morumbi

José
 B

onifá
cio

Barra
 F

unda

Raposo Tava
res

São  M
igu el

Jabaquara

São  D
omingos

Cid ade Lider

Ita
qu era

São  M
ateus

Sacomã

Cidade Tira
dente

s

Erm
el in

o M
atara

zz
o

Guaianase
s

Sap opemba

Vi la
 C

uru
çá

Vi la
 M

aria

Ita
im

 Pau lis ta

Vi la
 S

ônia

Jaraguá

Jardim
 Sã o Luís

Lajeado

Cid ade D
utra

Jaça
nã

Campo  Lim
po

Brasilâ
ndia

Rio  Pequen o

Cid ade Ademar

Capão R
edondo

Cachoeirin
ha

Parque  do C
arm

o

Vi la
 Jacuí

Jardim
 Ân gela

Jardim
 H

elena
Perus

Grajaú

Parelheiro
s

Iguate
mi

Ped reira

Jaguaré

Tremembé

São  R
afael

Vi la
 A

ndrade

Anh anguera

Yitzhaki BDP ER

We confirm values being on average higher first and lower afterwards for BDP and ER,
modifying Yitzhaki’s rankings. BDP and ER register higher values in districts that are
extremely polarized (high proportions of population with qj = 0 and qj > 0) and lower
values in districts that are homogeneously deprived (very low population share with qj =
0).
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The districts of the city center, where the majority of individuals have complete access,
presents the lowest values according to all measures, for the others it depends on the index
used.

As opposed to statistical measures such as sample means, the
deprivation indices may allow to better capture perceptions of
individuals when comparing themselves to others.

Thus they better identify deprivation of poor individuals living in
rich districts, and of poor individuals living in poor districts
characterized by a homogeneous status of deprivation.

Polarization and deprivation are important aspects of the Brazilian
society, particularly so for cities like São Paulo where there is a
considerable proportion of people “having” but the majority are
“have-nots”.


